Abstract: Water structure and dynamics are affected by the presence of a nearby interface. Here, first we review recent results by molecular dynamics simulations about the effect of different carbon-based materials, including armchair carbon nanotubes and a variety of graphene sheets-flat and with corrugation-on water structure and dynamics. We discuss the calculations of binding energies, hydrogen bond distributions, water's diffusion coefficients and their relation with surface's geometries at different thermodynamical conditions. Next, we present new results of the crystallization and dynamics of water in a rigid graphene sieve. In particular, we show that the diffusion of water confined between parallel walls depends on the plate distance in a non-monotonic way and is related to the water structuring, crystallization, re-melting and evaporation for decreasing inter-plate distance. Our results could be relevant in those applications where water is in contact with nanostructured carbon materials at ambient or cryogenic temperatures, as in man-made superhydrophobic materials or filtration membranes, or in techniques that take advantage of hydrated graphene interfaces, as in aqueous electron cryomicroscopy for the analysis of proteins adsorbed on graphene.
Introduction
The knowledge of microscopic properties of confined water is of central importance in a wide range of physical systems and processes such as electrochemical systems [1, 2] , corrosion [3, 4] , solar energy conversion [5] , energy-harvesting and generation devices [6] , meteorology [7] or in a wide variety of biosystems (lipid membranes, proteins, etc.) [8, 9] , including protein adsorbed on graphene at cryogenic temperatures [10] , to mention only a few. It has been found that microscopic structure, dielectric properties and dynamics of water suffer important changes when water is close to solid or liquid interfaces [11] . Further, significant changes in the thermodynamical stability limits of constrained water have been also verified [12, 13] , including evidences of crystallization promotion/inhibition from simulations [14] [15] [16] [17] [18] [19] .
In theoretical and computational works, effective potentials have been usually employed to model water-surface interactions in terms of Van der Waals forces accounted mostly with Lennard-Jones 6-12 potentials, where the typical parameters for carbon-oxygen and carbon-hydrogen forces are normally adapted with the help of Lorentz-Berthelot rules [20] [21] [22] [23] [24] . A variety of solid surfaces has been considered: silica pores (Vycor glass) [25, 26] , platinum [27] , magnetite [28] , zirconia [29] , or pure carbon composites (graphite structure) in several geometries, from planar [30] [31] [32] [33] [34] to cylindrical [35] [36] [37] . At the experimental side, many authors have contributed to the study of water at hydrophobic interfaces using a wide variety of techniques such as scanning tunneling microscopy [38] , environmental scanning electron microscopy and electron energy loss spectroscopy [39] , ultrafast optical Kerr effect spectroscopy [40] , atomic force spectroscopy [41] , calorimetry [42] , neutron diffraction [43] [44] [45] [46] and electron cryomicroscopy [10] .
Here we consider liquid water constrained by variety of setups corresponding to two different geometries, namely carbon nanotubes (CNTs) and flat graphene sheets. In all cases, we analyze a wide range of thermodynamical conditions, including ambient-like, supercritical and near-melting. In particular, the calculations of the water adsorption free energies, the thermodynamical stability of the phases and the diffusion of confined water, show important changes depending on the curvature of the interface. These results are interesting for understanding possible applications of nanostructured carbon-based surfaces as, for example, in anti-fogging or self-cleaning materials [47] . We also show new results about the crystallization and evaporation of water confined between parallel walls at sub-nanometric distances. We find that the diffusion changes in a non-monotonic way for decreasing confining distances. These results could be relevant for the design of nanometric membranes able to filter ions out of water [48] .
Liquid Water on Carbon-Based Interfaces
Gordillo and Martí recently studied [49] TIP3P water at the exterior surface of cylindrical CNTs. It is interesting to compare the results under these conditions with the case of water on a single, rigid and flat graphene sheet. Carbon nanotubes are cylinders that can be considered as the result of "cutting" a strip on a graphene sheet and rolling it up in such a way as to leave no dangling bonds [50] . Since the strip can be cut with any orientation, this method can produce different kinds of CNTs with different radii. Here we consider only those of the (n,n) type in the standard nomenclature [51] reported in Table 1 . Table 1 . Summary of CNTs used as confining devices in our simulations. We report CNT length (l), CNT diameter (D) and number of water molecules (N w ) considered to set the density of 1 g/cm 3 inside the CNT. In the case of graphene, we report the X-Y lengths. 
System l (nm)
D
Thermodynamic Stability
In order to perform a meaningful study of the adsorption of water on CNTs and graphene, Calero et al. [52] determine the limiting densities for the thermodynamic stability of a coat of water on those substrates. For a given phase, a thermodynamically stable layer of water uniformly covers the substrate without denser or sparser regions. To evaluate which conditions guarantee this stability, they calculate the free energy of the system and perform, if necessary, a Maxwell construction between coexisting phases. To this goal they follow a procedure previously established in other works [36, 49] and based on the calculation of the energy per particle E by Molecular Dynamics (MD) simulation in the NVT ensemble, as described in the Computational Methods section. First they propose a functional form F(ρ, T) for the Helmholtz free energy as a function of the surface density ρ and the temperature T,
where the terms corresponding to the ideal gas is dropped and where b ij are fitting parameters. They extract these parameters from a least squares fitting procedure of
calculated by simulations at different densities and temperatures ( Figure 1 ). For each CNT they consider as a reference surface for the calculation of the water density a cylinder with a radius corresponding to the first peak of the water radial density profile and the axis and length coinciding with those of the CNT. For the graphene the reference surface is the area of the flat sheet. The good quality (χ 2 < 1) of the fits in Figure 1 allows them to limit to two the order of the density polynomial in Equation (2), at variance with the choice of [36, 49] . Moreover, here a single fit accounts for the entire density-dependence of E, because E is a monotonic function of ρ, in contrast with the results in [36] where two independent fits in different density ranges are necessary for the appearance of two local minima in E(ρ). Water energy density E versus the surface density ρ for three of the four systems considered in this work, the (5,5) and (9,9) CNTs and the graphene sheet. In each panel we show simulation results (squares) and least squares fits to Equation (2) (lines) for T = 323 K (a), T = 310 K (b) and T = 298 K (c).
Once the b ij coefficients are known, Calero et al. [52] compute F(ρ, T) in Equation (1), as reported in Figure 2 for T = 298 K. Curves for T = 310 and 323 K (not shown) are similar to those for 298 K, but displaced to lower values of F. From the the minima and the shape of F as function of ρ and T one can evaluate the stability of the adsorbed water layer.
We observe that for the (9,9) and (5,5) CNTs F has a minimum at ≈ 4.05 Å 2 , corresponding to ≈ 905 and 790 water molecules around each CNT, respectively, and ≈ 7.4 × 10 −8 g/cm 2 > 3 × 10 −8 g/cm 2 of the bulk at volumic density is ρ = 1 g/cm 3 . This finding implies that a stable layer of liquid water adsorbs on top of the (9,9) and (5,5) CNTs under the simulated conditions. Figure 2 . Water free energy density F versus the surface per molecule for the (5, 5) , (9, 9) and (12, 12) CNTs and the graphene sheet at T = 298 K, as estimated from Equations (1) and (2) using the fitting parameters calculated in Figure 1 . For the thinner (5,5), (9, 9) CNTs the free energy minimum is around 4.05 Å 2 , while for the (12, 12) CNT and the graphene sheet there are no stable minima within the range of densities considered in this work.
Conversely, for the (12, 12) CNT and the graphene surface, at the same temperatures we do not observe minima of F within the range of explored densities, corresponding to values of surface per molecules between 2 Å 2 and 5 Å 2 . Furthermore, for the considered range of densities, F has a concave shape, corresponding to thermodynamically unstable states. The fact that F must be, for thermodynamic consistency, convex over a large-enough range of densities, implies that there must be two coexisting stable phases, one at higher density and another at lower density than those explored, but that they are inaccessible under the study conditions. As a consequence, in the considered range of T and ρ, there is no stable layer of liquid water adsorbed on top of the (12, 12) CNT or the graphene sheet. This result is consistent with the findings of Werder et al. [53] .
Structure and Hydrogen Bonding
The structure of water adsorbed at the different CNTs is reported in Figure 3 . Calero et al. [52] calculate the radial oxygen density profiles of water and the corresponding hydrogen-bond (HB) distributions. They adopt a geometrical definition of the HB in which two water molecules are H-bonded when their oxygen-oxygen distance is d OO < 3.37 Å and the OOH angle is < 30 • [54] . The cutoff for the O-O distance corresponds to the position of the first minimum in oxygen-oxygen radial distribution functions of bulk water simulations at standard conditions. The angular cutoff corresponds to the assumption that only quasi-linear (low-energy) HBs are accounted for, while molecules in other configurations are considered as non-bonded [55] . They normalize the HB number by 3.7, that is the number of HBs formed by bulk TIP3P-water, very close to the experimental value of 3.9 [56] . We observe in all cases that at tube-water interfaces the normalized number of HBs starts below 1, corresponding to ≈ 3.5 HBs. At longer radial distances, the HB numbers rise to values closer to the bulk value, to decrease again at water-vacuum interfaces. This is qualitatively similar to what happens in other hydrophobic surfaces and in particular in the case of flat and corrugated graphene, as a consequence of the existence of dangling bonds associated to H atoms pointing directly to the surface. Therefore, the first water layer at the carbon nanotube interfaces is not able to form as many HBs as in bulk due to the existence of non-H-bonded hydrogens. However, subsequent layers can form almost as many HBs as in bulk up to reaching the water-vacuum interface, at least for (5, 5) and (9, 9) CNTs. For the (12, 12) CNT the number of HBs at large distance does not decrease because water reaches the bulk density and there is no vacuum.
This observation is consistent with the behavior of the density profile ( Figure 3 ) that converges toward the bulk value for the (12, 12) CNT case. On the other hand, for the two smaller CNTs, (5, 5) and (9, 9) , the density decreases with distance forming an interface between water and vacuum. For all the CNTs considered here, we observe that the density profiles mark two well defined water layers whose distance from the CNT surface is determined by the water molecular size. In fact, the ideal radius of each CNT can be calculated from its (n,m) indices as
with a = 0.246 nm, corresponding to 3.39 Å for (5,5), 6.11 Å for (9,9), 8.14 Å for (12, 12) . For each CNT we find that the first water shell is at approximately 3 Å away from its surface and the second shell is centered 3 more Å away from the first. The appearance of the interfacial structure is a well known feature for water near carbon-based structures [57] [58] [59] . Further, the structure of water adsorbed in paraffin-like plates [60] is very similar to the one reported in Figure 3 , which suggests that the key factor in determining water structure is the hydrophobic nature of the surface, independently of the particular arrangement of surface atoms.
This distribution of HB can be further understood by analyzing the orientation of water molecules at the interfaces. We calculate the average of the two first Legendre polynomials P 1 (cos θ(r)), P 2 (cos θ(r)) of the angle θ(r) formed by the instantaneous dipole moment of water and the direction normal to the CNT surface ( Figure 4 ). The first Legendre polynomial P 1 (cos θ) ≡ cos θ may be compared to dielectric relaxation measurements [61] . For P 1 (cos θ) = 0, the second polynomial P 2 (cos θ) ≡ (3 * cos θ 2 − 1) is able to discriminate between the case with water molecules randomly oriented in all directions, with P 2 (cos θ) = 0, and the case with water molecules oriented at θ = 90 • , with P 2 (cos θ) = −1/2.
We observe that near all the three CNTs considered here P 2 (cos θ) ≈ −0.3, corresponding to water dipole moments roughly parallel to the surface of the CNT with θ fluctuating between 87 • and 94 • . This trend is very similar for all classes of CNTs and it mainly accounts for dangling hydrogens [49, 59] .
Diffusion Coefficients

Water inside CNTs
The diffusion of confined water is usually very different than that of bulk water [24, 62, 63] . Inside carbon slit-pores for instance, when it is close to the walls, water diffuses in a different fashion than at at the center of the structure [64] , tending to move along planes parallel to the carbon walls. When water is inside CNTs, diffusion varies according of the CNT radius and the temperature of the system. At room temperature and for different CNTs (Table 2 ), Martí and coworkers [65] find that the longitudinal diffusion coefficient D z−axis along z-axis is larger than the coefficient D xy−plane along the xy plane (normal plane to z). Except for the (6,6) CNT case, the overall diffusion coefficient D total , approximately equal to the average of the coefficients in the two directions, is slightly larger than the isotropic diffusion coefficient in the bulk case.
While D xy−plane is smaller the narrower is the CNT, Martí and coworkers [65] find that D z−axis has a non-monotonic behavior. Specifically it decreases for CNT with diameters > 1 nm, e.g., 2r (8, 8) = 1.1 nm for Equation (3), and increases when the diameter is 2r (6, 6) 
This increase of longitudinal diffusion for confining distance < 1 nm has been discussed in other works [57, [66] [67] [68] [69] , finding relation with the water density under confinement [70] , with controversial experimental and numerical results [59, 71] and implications for the filtration of ions in water through sub-nm channels [48] . Table 2 . Self-diffusion coefficients of water inside CNTs at room temperature from MD results for simulations with the potential model described in [72] . All values are given in 10 −5 cm 2 /s. The experimental value has been taken from [73] for bulk liquid H 2 O. D total , D z−axis and D xy−plane are the coefficients for overall diffusion, along the CNT axis and within a section of the CNT. Calero et al. [52] calculate the translational self-diffusion coefficients D z along the axial direction of water oxygens adsorbed on the outside of CNTs and compare them with the bulk value ( Table 3) . In this case, they do not consider the diffusion along the radial direction because the large density reduction along such direction. They estimate D z by computing the long-time slopes of the mean square displacement of oxygens and using the Einstein's relation for diffusion. Table 3 . Self-diffusion coefficients along the axial direction of water outside CNTs at room temperature from MD results for simulations with the TIP3P water model [74] . All values are given in 10 −5 cm 2 /s.
CNT (n,m)
D z (5, 5) 4.9 (9,9) 4.9 (12, 12) 4.6 Graphene 4.6 Bulk unconstrained 5.8 We observe that the TIP3P water model [74] considered for these calculations overestimates water diffusion in bulk by a factor 2.5, since experimental value is close to 2.3 ×10 −5 cm 2 /s [75] . Assuming this drawback of the force field employed in the present work, one can observe from Table 3 that diffusion coefficients of water computed alongside z-axis are about 20% lower than that of the bulk unconstrained system. Therefore, the interaction of water with the CNT leads to a decrease of water diffusion parallel to the surface.
In previous works [76, 77] about axial and normal diffusion of water at hydrophobic interfaces, Martí and coworkers show that water's translational diffusion is mainly due to motion along the first interfacial layer, being the normal diffusion about one order of magnitude smaller. Here, we observe that the surface curvature does not play a relevant role in determining the self-diffusion of water on the CNT's outside, because the diffusion reduction is approximately the same for all the considered CNTs. Furthermore, the calculations of the self-diffusion of water adsorbed on a flat graphene sheet show no relevant difference with the CNTs cases (Table 3) . Therefore, we conclude that, as it happens for the structural properties of the previous section, the dynamics of the water adsorbed on the outside of a carbon surface is not strongly affected by the size and curvature of the interface.
Water on Corrugated Graphene
To analyze a different case of water adsorption on hydrophobic probes, Martí and coworkers [78] consider liquid water constrained on corrugated graphene sheets, as described in Section 4, and calculate the translational self-diffusion coefficient D O of water oxygen (i) at the surface; (ii) in the bulk-like region and (iii) at the water-vacuum interface. The calculations are made by means of time integration of the oxygen velocity autocorrelation functions computed for water molecules located in selected regions, following Berne and coworkers [79] . Previous estimates for a variety of thermodynamical states, ranging from ambient to supercritical, for water near hydrophobic surfaces [64] indicate that water molecules stay at least 2-3 ps at the interfaces or within the bulk-like region. Therefore, one can safely define the oxygen velocity autocorrelation functions for a suitable time interval (0.5-1 ps) in the selected regions and compute D O .
Martí and coworkers [78] consider different distortions to generate corrugated structures, as described in Section 4, and for each calculate D O in the three regions (Table 4) . They compare the results with D O near a flat graphene surface. It must be noted that for this analysis they adopt a flexible-SPC water model [80] . This force field differs from those used for the studies reported in the previous sections and, in particular, has a self-diffusion coefficients for water near flat graphene, 3.3 × 10 −5 cm 2 /s, 28% smaller than that indicated above (4.6 × 10 −5 cm 2 /s). Their analysis near corrugated graphene reveals a remarkable similarity for the diffusion coefficients at water-graphene interface for all corrugations types. They find that in this region water diffusion is 2.6 × 10 −5 -2.8 × 10 −5 cm 2 /s in good agreement with the results reported previously [64] for narrow slit pores. This value is about 20% smaller than near a flat graphene sheet, independent on the kind of corrugation. Therefore, the interface roughness reduces water diffusion, possibly due to the hindrance caused along the surface.
Also in the central bulk like region D O is independent on the corrugations type. It ranges between 2.1 × 10 −5 -2.3 × 10 −5 cm 2 /s, very close to the water self-diffusion coefficient for the same model in bulk [81] , i.e., 2.5 ×10 −5 cm 2 /s.
Conversely, the D O strongly depends on the distortion amplitude of the graphene sheet in the region that is the furthest from the surface. In this region the diffusion coefficient grows significantly with respect to the bulk-like region up to double it for the largest amplitude. This effect might be due to the important reduction in the number of HBs at such interface [49] and suggest a long-range influence of the graphene corrugation when adsorbed water coexists with its gas phase or vacuum.
This tendency to diffuse faster than in the bulk like region shown by water at the vacuum interface can be interpreted as a consequence of the larger anisotropy for the diffusion in this region. Indeed, water near this interface could diffuse faster toward the gas region (evaporation) than parallel to the interface, depending on the temperature. This interpretation would be consistent with the results of Liu et al. [79] showing differences between the parallel and normal components of the water diffusion at the liquid-vapor interface.
Results
All the results reviewed in the previous section reveals that in general to predict which feature of a carbon-based interface has an effect on structure and dynamics of nearby water and which, instead, is, to some extent, negligible is a non-trivial question. It is therefore interesting to consider another common confining geometry in which two flat graphene sheets, fixed at sub-nanometric distance to form a sieve, are fully immersed in water. This confinement has been recently realized in experiments with graphene oxide membranes and it is potentially useful for ion filtration [48] . In this section we present new results about the dynamical and structural changes of water under sub-nanometric confinement, including non-monotonic confined-induced crystallization.
Crystallization of Water by Confinement between Graphene Plates
The structural and dynamical properties of water are dramatically modified when the liquid is confined between rigid walls, as shown in experiments [82] and in computer simulations [15] . Zangi and Mark demonstrate with simulations the existence of a first order freezing transition from a monolayer of liquid water to a monolayer of ice induced by the confinement conditions in between two rigid parallel plates [14] . Later studies show the appearance of other liquid-solid phase transitions induced by nanoconfinement of liquid water: to a bilayer hexagonal ice phase at low pressures [15, [83] [84] [85] and to a bilayer rhombic ice phase at high pressures [85] . Furthermore, Giovambattista and coworkers show via MD simulations the existence of a liquid-to-vapor transition for water confined by hydrophobic walls under a certain plate separation [86] . Such a transition is attributed to capillary evaporation, due to the difference between the wall-liquid and wall-vapor interfacial tensions.
To ascertain the influence of confinement by graphene sheets on the structural and dynamical properties of water we perform MD simulations of two graphene plates immersed in TIP4P/2005 water [87] for different values of plate separation d, ranging from 1.7 to 0.6 nm, at constant temperature T = 275 K and pressure P = 400 bar. Note that under these conditions bulk TIP4P/2005 water remains in its liquid state [87] . By inspection of the structural and dynamical properties of confined water we show in the following that under these conditions of T and P water undergoes two phase transitions as a consequence of changing d ( Figure 5 ). . Carbon atoms are in cyan, oxygen in red, hydrogen in white. In our simulations the total number of water molecules, including those outside the confined region, remains constant while the amount of water confined between the graphene sheets depends on the spacing d. Under these conditions the confined water forms a hexagonal ice bilayer.
Dynamics of Confined Water
To establish if the confined water undergoes crystallization we first study its dynamics. In these calculations we focus on those water molecules which remain between the two walls and consider the rest as a reservoir of with approximately constant pressure and chemical potential, as described in the Computational Methods section. With this choice, the dynamical properties of confined water is free of biased sampling only below the characteristic residence time τ d that water spends between the walls. We estimate τ d for each d by calculating the survival probability of a confined water molecule within the walls as
where N (d) (t) is the number of water molecules between the walls at time t. The average . is made over any initial time t 0 and aver all the confined water molecules. We define the characteristic τ d by the relation S (d) (τ d ) = 0.5. In the following the translational and rotational dynamical properties for confined water are calculated for times t < τ d . A clear evidence of the liquid-to-solid phase transition of confined water is given by the dependence of its lateral diffusion coefficient, D , on the distance between the graphene planes d (Figure 6 ). A finite value D ≈ 0.9 nm 2 /ns characterizes the diffusion of liquid water for 6.5 Å < d < 8.5 Å and d > 10 Å. The value of the diffusion coefficient in these regions is close to the value obtained for bulk water at T = 275 K for the TIP4P/2005 water model [88] . For plate separations 8.5 Å < d < 10 Å, the diffusion coefficient drops dramatically reaching zero, evidencing a dynamical arrest of water molecules. An inspection of the typical simulation snapshots for d = 9 Å clearly shows that under these conditions the confined water forms hexagonal ice ( Figure 6 ). In the next section we will see clearly that the ice has a bilayer structure. Complementary information can be reached by studying the rotational dynamics of water confined within the graphene sieve for different inter-plate separations d. To this end, we compute the rotational dipolar correlation function
whereμ(t) is the direction of the water dipole vector at time t and . d denote ensemble average over different time origins and over all water molecules confined between graphene plates separated a distance d. To quantify the relaxation of the correlation functions C rot d (t), we define the relaxation time
which is independent of the specific functional form of the correlation function ( Figure 7 ). 
Structure of Confined Water
To analyze the structure of the confined water and to characterize its phases under confinement, we calculate the density profiles of water between graphene sheets along the Z-direction perpendicular to the walls at different inter-plate separations d.
First, we observe that at the considered thermodynamic conditions bulk TIP4P/2005-water is liquid. As can be expected, in our simulations we find that for large-enough d ≥ 17 Å (Figure 8a ) the system has a central bulk region between the graphene sheets and two well defined interfacial layers near each wall. By reducing d, we observe that water organizes in four layers at d ≈ 14 Å (not shown) and three layers for 11 Å < d < 14 Å (Figure 8b ). Our analysis of its microscopical dynamics (Figures 6 and 7) clearly shows that confined water remains liquid under these conditions. For 8 Å < d < 11 Å (Figure 8c ) we find that water forms two layers. This range of distances is where we estimate the slow-down of the dynamics (Figures 6 and 7) . Therefore, we careful analyze the case in which we observe the dynamical arrest, at 9 Å < d < 9.5 Å, and find that the two identical density peaks for the distribution of water are well-differentiated, with a region in between with no presence of water, and with no molecule interchange between them. Therefore, water crystallizes into a bilayer hexagonal ice phase, as can be directly checked by inspection of the snapshots ( Figure 5 ). This crystallization is solely induced by the confinement with the sub-nm inter-plate distance and occurs within the simulated ns time-scale of our simulations spontaneously. Therefore, this range of hydrophobic confinement enhances the melting point of water of at least 25 K [89, 90] . The real enhancement should be calculated by checking at which T bulk TIP4P/2005-water spontaneously crystallizes within hundreds of ns in equilibrium MD simulations. If we reduce the inter-plate distance further, at 6.5 Å < d < 7 Å our data (Figure 8d) show that confined water forms a single layer and melts again. In particular, based on our analysis of microscopical dynamics (Figures 6 and 7) we can conclude that water rapidly diffuses at these sub-nanometric values of d. This result could be particularly interesting in view of recent experimental attempts to filter waters with graphene-based sub-nm membranes [48] .
Finally, at the smallest separation we analyze, 6 Å < d < 6.5 Å (not shown), we find that water molecules effectively deplete the confined region despite not being sterically forbidden. Therefore, for d < 6.5 Å water evaporates under hydrophobic confinement.
To better understand the predicted reentrant crystallization by sub-nm hydrophobic confinement and the evaporation by extremely small hydrophobic confinement, we calculate as a function of d the average number of HBs per water molecule within the confined space. Here we adopted a geometric definition of HBs that is slightly less restrictive than the one defined in Section 2, with the same OOH < 30 • but with d OO < 3.5 Å (instead of 3.37 Å). This difference is mainly due to the different water model considered here. We find that for confining distances d ≥ 10.5 Å the number of HBs per water molecule is between 3.65 and 3.7 independent on d. For confinements with 8.5 Å < d < 10.5 Å, this number becomes significantly higher, reaching a value of 3.9-very close to saturation-for d = 9.5 Å. For d < 9 Å, the number of HBs per molecule sharply decreases.
These findings allow us to rationalize the reentrant crystallization. The increase of HBs per molecule just below 1 nm confinement is consistent with the formation of a crystal structure. Indeed, the decrease in internal energy, associated with the increase of number of HBs, possibly compensates for the entropy decrease of the crystal with respect to the liquid, favoring the crystallization.
On the other hand, a further decrease of d makes geometrically impossible to create a network of highly connected water molecules. Therefore, confined water re-melts into the liquid state.
At d < 6.5 Å the large decrease of HBs per molecules together with the huge entropy loss due to the extreme confinement makes the free energy of water between the walls too high with respect to that of free water. Therefore, the water evaporates under extreme hydrophobic confinement.
Computational Methods
Water Adsorbed at the Outside of Rigid CNTs and on Flat Graphene
The studies, reviewed here, of liquid water adsorbed at the external surface of armchair single-walled CNTs of the type (n, n), with n = 5, 9, 12 and water adsorbed in flat graphene have been performed by NVT simulations.
For each of the CNTs considered, a set of (about 10) simulations with different number of water molecules has been performed to analyze the thermodynamic stability of the water layer. Once we determined the minimum surface density of water molecules needed to uniformly cover each of the CNTs surfaces, the authors focused on the stable system with less water molecules and studied the structural and dynamical properties of the water layer. Characteristics of the selected stable systems are summarized in Table 1 .
The considered simulation boxes were: 60.0 × 60.0 × 76.21 Å 3 for water-(5,5)CNT system, 100.0 × 100.0 × 64.3 Å 3 for the water-(9,9)CNT, 150.0 × 150.0 × 83.35 Å 3 for water-(12,12)CNT, and 31.929 × 34.032 × 40 Å 3 for water-graphene, with periodicity along all three spatial directions. All carbon atoms were explicitly taken into account in the calculation and were considered to be rigid, i.e., the carbon atoms were not allowed to move in the simulation runs. This approximation was investigated in detail in a previous study [78] , which concluded that the mobility of carbons does not induce any noticeable change in the structure and dynamics of interfacial water. Nevertheless, a set of simulations with flexible armchair CNTs and flexible graphene have been conducted to verify the rigid-carbon approximation and to compute vibrational spectra of carbons.
Initial configurations of the different systems were produced with the help of the 1.9 version of the Visual Molecular Dynamics software [91] . All simulations were performed using the NAMD-2.7 molecular dynamics package. Water-water and water-carbon interactions have been modeled by means of the CHARMM27 force field included in the package NAMD-2.7, especially designed for the simulation of biophysical systems [92] . The interactions concerning water and carbon are a combination of Coulomb interactions (water-water) with Lennard-Jones ones (water-water, water-carbon). Water has been modeled by using the TIP3P model [74] . The Lennard-Jones parameters for the water-carbon interaction are σ OC = 3.350 Å, OC = 0.1032 kcal/mol, σ HC = 1.975 Å, and HC = 0.0567 kcal/mol. The long-ranged electrostatic interactions have been calculated by means of the particle mesh Ewald method [93] . The velocity Verlet algorithm has been used, together with temperature control using Langevin dynamics and a multiple time step methodology, with an integration time step of 0.5 fs for local interactions and another four times larger for long-ranged interactions. The equilibration in all cases ran for at least 100 ps, and the averages were calculated in runs of lengths longer than 1 ns.
Corrugated Graphene
The simulation set consisted of a variable number of water molecules placed on top of one graphene model sheet at room temperature (298 K). The dimensions of the simulation cell were similar to those used in a previous work on graphene [49] , i.e., L x = 34.4 Å, L y = 34.1 Å, L z = 170 Å with periodic boundary conditions in all directions. The larger length in the Z direction allowed the authors to make sure that the influence of water images in the properties of the simulated liquid was negligible, as it will be explained below. The carbon layer could be perfectly flat or with some degree of roughness. The latter was introduced by applying a distortion in the Z direction to the positions of the carbon atoms in the graphene sheet, while the X and Y coordinates were kept constant with respect to the flat case. Two types of distortions were applied, a regular one, given by the functions:
and a random one, in which the positions of the carbon atoms were changed a random distance, up or down, from the ones in a flat graphene layer. The maximum distance in all cases was given by the parameter A, that indicates the amplitude of the roughness, and was taken to be 0.7 and 5 Å, according to previous accounts of the degree of roughness of graphene [94] [95] [96] . However, when the authors proceed in this way they were creating structures rougher than the ones observed in experiments, in the sense that the wavelength of the distortion (L x , L y ) is smaller than the values found for corrugated structures, sometimes not by much (around 3.4 nm versus 5 nm in [95] ) but others in a non neglectable way (370 nm and above in [97] in which the degree of distortion in the Z direction is also bigger from 7 Å up). The goal was to compare the results so obtained with the ones for a perfectly flat surface of the same dimensions given in [49] .
Water molecules were modeled by means of a flexible SPC (simple point charge potential) [98] which is able to correctly reproduce the main features of the experimental infrared spectrum of liquid bulk water at 298 K, in particular, the location of maxima of the main spectral bands. The model was re-parameterized from an earlier version by Toukan and Rahman [99] and it has been successfully tested for water in a wide variety of thermodynamical conditions [80, 100] and used for water under mechanical confinement [57] . It should be pointed out that within this model molecular dipole moments are variable and, consequently, polarizability effects due to dipole-dipole interactions are taken into account up to some degree. Water-carbon interactions have been modeled with the same potential as in previous works [70] , namely a Lennard-Jones model where individual carbon-oxygen and carbon-hydrogen forces were obtained through the application of the Lorentz-Bertherlot rules. Here we should stress that presumably corrugation will create sp3/sp3-like C atoms, which would interact with water in a different manner that usual sp2 bonded C atoms would do. However, it has been shown that such different hybridizations would only affect about 5% the parameters σ, of the Lennard-Jones potential [101] . This allows one to keep the use of the same parameters along simulation runs.
Long-range electrostatic interactions have been calculated by means of 3D Ewald sums since, as it was demonstrated by Yeh and Berkowitz [102] and independently by Spohr [103] , such procedure is fully equivalent to the 2D Ewald procedure, which corresponds to systems with periodic boundary conditions in only two dimensions. The only requirement that should be imposed is a box length in the non-isotropic perpendicular direction to graphene (Z-axis) of at least five times the size of the water-graphene set along X and Y directions. This fact allows one to avoid the use of the computationally very expensive 2D version.
Finally, the authors used a leap-frog Verlet integration algorithm coupled to a thermal bath [104] , in order to keep the temperature of the system fluctuating within a reasonable range (around 10% of average values). The integration time step was 0.5 fs, with equilibration periods of 100 ps. Averages of dynamical quantities were computed from runs that at least 250 ps.
Water Confined between Graphene Plates
We have also analyzed the properties of water confined in between graphene sheets. To this end we simulated two fixed and rigid 24.6 Å × 25.5 Å graphene plates on top of each other immersed in 2796 water molecules, as shown schematically in Figure 5 . The idea of the setup is to create a reservoir of bulk water with approximately constant pressure and chemical potential irrespective of the properties of the water confined between the graphene plates. We consider cases with fixed graphene plate separation d = 6, 6.5, 7, 7.5, 8, 8.5, 9, 9.5, 10, 10.5, 11, 11.5, 12, 12.5, 13, 14, 17 Å (the distance d is defined from the center of carbon atoms). Periodic boundary conditions are applied along the three spatial directions.
Carbon atoms in the graphene sheets are maintained at fixed positions throughout the simulation. The parameters of the non-bonded Lennard-Jones interactions of carbon atoms are taken from the CHARMM27 force field [92] . Water molecules are described using the TIP4P/2005 model, which has been shown to reproduce well dynamical and structural properties of bulk water [87] . The Lorentz-Bertherlot rules are used to produce the parameters of the water-carbon interactions.
All simulations are performed using GROMACS simulation package [105] with a simulation time step of 2 fs. Van der Waals interactions are cut off at 14 Å with a smooth switching function starting at 10 Å. The long-range electrostatic forces are computed using the particle mesh Ewald method [93] with a grid space of ≈ 1 Å. We update the electrostatic interactions every 2 fs. We use a Berendsen thermostat [104] with a time constant of 0.5ps to control the temperature of the simulated system.
Conclusions
Free energy calculations, based on MD simulations, of liquid water at ambient conditions adsorbed at the external walls of several armchair CNTs, with diameters ranging form 0.27 to 1.18 nm, and flat graphene sheets show that thermodynamically stable wetting depends on the curvature of the interface. In particular, flat graphene or CNTs with a large radius of curvature, such as (12, 12) , are not coated by water, while CNTs (9,9) and (5, 5) , with a smaller radius of curvature, are fully coated [49] .
The studies of structure of water adsorbed on a series of corrugated graphene surfaces reveal differences with the former cases [78] . For large distortion amplitude (5 Å) of the surface the analysis shows a decrease of approximate 1-2% for the water-to-surface binding energy [78] . Overall, zero and small corrugation amplitudes leads to more stable wetting. These results could be particularly interesting to design men-made super-hydrophobic materials that mimics the nanostructures like mosquito eyes or cicada wings which exhibit anti-fogging and self-cleaning properties [47] .
The simulations of water at the interface of flat rigid graphene or at the outside surface of CNTs show that the surface affects the nearby water structure, breaking some of the HBs and inducing two particular water arrangements: dangling hydrogens or water with molecular plane parallel to the interface. However, no significant differences arise in the translational dynamics depending on the curvature.
In addition, the study of the water dynamics at a variety of corrugated graphene interfaces does not show significant dependence on the distortion amplitude of the surface. The simulations reveal that oxygen diffusion at interfaces is slightly faster than in the bulk but independent of the corrugation. Nevertheless, a clear dependence is estimated at the water-vacuum interface in the farthest region from the carbon surface possibly due to the important reduction in the number of HBs at such interface.
Another evident dependence of the dynamics on the surface properties-specifically, the curvature-is predicted for water inside the CNTs. The translation diffusion of water decreases for decreasing CNT radius of curvature. The water longitudinal diffusion along the CNT axis is faster than that along its section and, interestingly, is not monotonous with the CNT diameter. In particular, the longitudinal diffusion decreases for CNT with diameters > 1 nm and increases when the diameter is < 1 nm. This prediction intriguingly correlates with other more recent results [57, [66] [67] [68] [69] in which the characteristic 1 nm length-scale has been discussed in relation to a change in the diffusion regime of water.
Therefore, in this work we analyze another geometry for graphene-based confinements where it is possible to tune the confining distance and test how relevant is the 1 nm length-scale for the diffusion. By doing so, we also understand the reason why this length-scale is relevant for water.
We consider a sieve made of two parallel graphene layers at a distance d. Our simulations show that at ambient conditions water diffusion slowly decreases when d reduces and that the parallel diffusion of the confined water vanishes for d < 1 nm. By further reduction of d, we find that water parallel diffusion increases up to turning close to the bulk value when d approaches 0.7 nm. We find a similar behavior for the rotational dynamics of confined water.
We show that the drastic reduction of the diffusion coefficient corresponds to the structuring of water in layers parallel to the confining walls. For d > 1.7 nm we find a central bulk region of liquid water and two well defined interfacial layers near each wall. By reducing d < 1 nm we predict that water crystallizes forming two hexagonal ice layers at d 0.9 nm. By further reduction inter-plate distance, at d < 0.7 nm water re-melts and, finally, for d 0.6 nm water evaporates within the confined region. Our analysis of the number of HBs formed by confined water, confirms our conclusions and allows us to give a rationale for the crystallization, re-melting and evaporation under confinement in terms of the total free energy of the system. Our results about structure and dynamics of confined water could be relevant for understanding potential uses of graphene-based filters for water [48] .
